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ABSTACT

A detailed study of a swirling flow in a tube is presented in the first part of the paper. A simplified analytical solution 
of the governing equations indicates specific modes of the tangential velocity and that the decay of the swirl effect is 
exponential. The problem is then solved in three dimensions using computational fluid dynamics (CFD) and a compar- 
ison with analytical expressions shows that the CFD code is reliable in terms of accuracy.
The CFD results confirm that a fundamental swirling mode is reached within a short dis- tance from the inlet. The 
torque swirl number is introduced to physically estimate the intensity of the swirl. A companion value is given: it is the 
average deviation.
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1. Introduction

Swirling flows are encountered in many situations, either as a consequential and sometimes unwanted effect or as an

induced and controlled effect. Apart from specific utilization of swirling flow that are linked to the increased shear stresses,

e.g. [1–3],  they are extensively used in burners, e.g. [4–6],  for their mixing ability. A specific and important purpose o

swirling flow is to increase the convection heat transfer coefficient in tubes. In this context, most of the applications are

related to heat exchangers, which is the topic of this paper.

There are many ways to create a swirling flow in tubes. The most widely used technique is based on twisted tapes

which can either be continuous or discontinuous, see e.g. [7–9].  These tapes are easily fitted inside tubes, but their main

drawback is a quite large increase in the pressure drop along the tubes. When applicability to tube bundles is not an issue,

i.e. when space is available around the tube inlet, tangential inlets are often used, where the flow is rotated around the

tube axis. More complex geometries are also used, as presented in e.g. [10,11].  A solution similar to the tangential inle

involves installing inserts at the entrance of the tubes, as described in e.g. [12–14].  In one such case, as detailed in [15],  

has been shown that the gain in increased heat transfer because of the swirling flow might be higher than the increased

pumping energy necessary to overcome the pressure loss due to the swirling flow induction. Thus, an optimal design of

heat exchanger tubes can in some cases involve installation of swirling devices in a given set of specific tubes, in place of

changing the tube diameters to maximize the heat flow.
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The topic of the present paper is laminar swirling flow in a tube. It is shown in [16] that in the laminar regime the

fluid equations representing the swirling flow are linear with respect to the Reynolds number, for a Reynolds number up

to 1600. A Reynolds number sastifying this criterion was thus used in this study, Re = 100 to be specific. The aim here

is to present a semi-analytical solution for the decay of the swirling flow along a tube and compare the results to ones

obtained with Computational Fluid Dynamics (CFD) calculations. The overall purpose is to be able to compare with results

from CFD calculations in a sufficiently accurate manner using specific inlet profiles for the swirling flow, and consequently

ensure the suitability and accuracy of the CFD models in designing and testing optimal swirling flow inlet conditions. Even

though most CFD models are at a mature stage with regards to accuracy, especially for laminar flow, an analytical solution

with respect to well defined prerequisites is an important tool to ensure the correct physical behavior of CFD calculations

and estimate discretization errors always involved in numerical methods. Such analysis results are also of great help in

determining appropriate mesh densities in heat exchanger CFD modeling of the type described in the paper. 

Most of the studies that have been published until now deal with turbulent flow (see e.g. [17,18] ), which is by far the

most common flow regime in tubes. Also, some studies have considered flow at lower Reynolds numbers and with regard

to such cases a review of swirling effect for transitional flows is given in [19] . However, in the case of tube flow with highly

viscous fluids the flow regime can be laminar and in such cases the number of published studies is quite limited, see e.g.

[20,21] . 

The analytical study is presented in the first part of the paper. As a preliminary to the CFD calculations, a new boundary

condition is presented in the second part of the paper, developed for the pressure at the outlet of the tube under consid-

eration. The third part is dedicated to the validation of the computations by comparisons with selected analytical solutions.

Different inlet profiles are considered and results are analyzed in the fourth part of the paper, with a special attention on

the characterization of the swirling effect. 

2. Analytical solution

The relations governing steady and incompressible flow are the continuity equation and the momentum equations, re-

lating velocity and pressure, supplemented with appropriate boundary conditions. The geometry studied here is a circular

tube and hence it is assumed that the velocity and pressure do not depend on the angular coordinate θ . The reduced set of

equations, in cylindrical coordinates ( r, θ , z ), to be solved is then (the first one represents continuity) 
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where � u ( u r , u θ , u z ) denotes the velocity, p the pressure, ρ the density, and μ the dynamic viscosity. 

The system of differential equations ( Eqs. 1 –4 ) is written in a dimensionless form using r = r 0 r ∗,u r = u 0 r u 
∗
r , z = z 0 z ∗,u z =

u 0 z u 
∗
z , u θ = u 0 

θ
u ∗
θ

and p = p 0 p ∗ where the characteristic variables are indicated with a 0, while the dimensionless variables

are indicated with a ∗ symbol. It has to be noted that r 0 and z 0 are of the same order of magnitude. According to [22] , the

radial velocity of a confined swirling flow is “considerably smaller than the other two components”. Then it is possible to

write u 0 r = ε z u 0 z and u 0 r = ε θ u 0 
θ

with ε z � 1 and ε θ � 1. In that case, the equations are written as follows: 
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where Eu 0 , Re 0 r and Re 0 z are the Euler number and Reynolds numbers. 
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At the 0 th order in ε z , the insertion of Eq. (5) in Eq. (6) leads to the classical parabolic profile for the axial velocity 

u z = 2 u 0 

(
1 − r 2

R 

2 

)
(8) 

where R denotes the pipe radius. 

Now it is convenient to use the separation of variables technique to solve Eq. (3) at the 0 th order in ε z and ε θ . Corre-

spondingly, it is proposed here that the tangential velocity profile is a self-similar function, the amplitude of which decreases

exponentially with the axial coordinate z 

u θ ( r, z ) = u tmax φ( r ) exp

(
−αz

R

)
(9) 

where u tmax is the maximum tangential velocity, φ is the dimensionless tangential velocity profile, and α is a dimensionless

scaling parameter, to be determined in the following text. Considering these assumptions, the ordinary differential equation

to be solved is then 

−αρu 0 

Rμ
2 

(
1 − r 2 

R 

2 

)
φ = 

1 

r 

d 

dr 

(
r 

dφ

dr 

)
+ α2 φ − φ

r 2 
(10) 

Now, by introducing the dimensionless coordinate η = r/R, the dimensionless form of the equation becomes 
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To the authors knowledge, no analytical solutions to Eq. (11) exists and therefore an approximate solution must be obtained

using a numerical procedure. Assuming no-slip condition at the pipe wall and a bounded value of the flow vorticity at the

center, the necessary boundary conditions are 

φ( 0 ) = φ( 1 ) = 0 

Note that special care must be taken at the axis, since some of the terms in Eq. (11) go to infinity there. In order to deal

with this problem the equation is solved by numerical integration, starting at the wall ( η = 1 ) with an initial value φ(1) = 0

and a guessed value for the derivative of φ. The equation to be solved here is an eigenvalue problem, and consequently valid

solutions (i.e. leading to φ( 0 ) = 0 ) are obtained only for specific discrete values of the decaying parameter α. Fig. 1 shows

the evolution of the value on the axis versus the value of the decaying parameter for Re = 100 , and for a given derivative of

φ at the wall. Note that the value of φ(0) = 0 is obtained by extrapolation from the last two values (as close to the axis as

possible). 

The first three eigenvalues of parameter α are α0 = 0 . 213179 , α1 = 0 . 739503 and α2 = 1 . 563122 . The derivative is then

adjusted until the maximum value of φ is unity in order to normalize the different eigensolutions in a consistent manner. 
Fig. 1. Evolution of the value of φ on the axis versus the decaying parameter α.

DOI : 10.1016/j.apm.2016.02.002 3



Fig. 2. Dimensionless tangential velocity profile for the first eigenvalue.

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

To compute an approximate value of the decaying parameter for other Reynolds numbers, it can be noted that as long

as α2 is negligible compared to αRe , the following equations are valid 

α0 Re = 21 . 3179 , α1 Re = 73 . 9503 , α2 Re = 156 . 3122 

Thus, the higher the Reynolds number, the lower the decaying parameter. Or, the higher the Reynolds number, the longer

the effect of the swirl along the axis. This is equivalent to what is shown in Fig. 4 of [20] ; the non-linear part of that

particular plot will be discussed later in this paper. To strengthen this finding further, Fig. 11 of [23] clearly shows that for

a Reynolds number ratio of 4, the length of the swirl effect is also in a ratio of 4. 

It should be noted here that the ratios of the second and third eigenvalues to the first one indicate that the decay corre-

sponding to these eigenvalues will be much higher than the decay corresponding to the first eigenvalue. It can be concluded

that the swirling flow corresponding to the first eigenvalue is a “fundamental swirling mode”. This will be confirmed later

in this paper. 

To easily introduce the velocity in a CFD code as an inlet boundary condition, it is convenient to write the velocity

profile as a polynomial function of the dimensionless radius. Here, it was found that for the first eigensolution a sixth

degree polynomial is sufficient, with a correlation coefficient of 0.9999983. Fig. 2 shows the comparison of the solution

with the polynomial approximation. 

The numerical results obtained for the flow considered for this study show that the radial velocity is about 100 times

lower than the tangential velocity. Hence, the authors have decided not to try to find the analytical solution at the first

order of ε z and ε θ . Nevertheless, numerical results will be presented, showing that the evolution of the radial velocity is in

a very good agreement with the variation of the axial velocity profile. 

It is possible to create other velocity profiles using appropriate “swirlers”. To study the downstream effect of these de-

vices, it is convenient to use a Computational Fluid Dynamics (CFD) code where the domain must be long enough to include

the whole decaying process of the swirling effect. But in order to save computational time, it is clearly beneficial to shorten

the domain under consideration if possible. To be able to do so, the boundary conditions should be corrected at the outlet

if the swirling effect is still present, as the current available conditions do not correctly take account of a residual swirl. The

next part of the paper presents a remedy for the downstream boundary conditions, using the CFD code OpenFOAM (Open

Field Operation And Manipulation). OpenFOAM is an open source object-oriented numerical simulation toolkit developed

in C++ and released under GPL license by the OpenFOAM® Foundation ( http://www.openfoam.org) . OpenFOAM is specifi-

cally tailored for both simple and advanced implementation of physical models in continuum mechanics by implementing

operator-based implicit and explicit Finite Volume discretization in three dimensional space [24] . It also can be used in other

domains such as electro-magnetics, stress analysis of solids, and finance. 

3. CFD calculation method

In this section, the prerequisites of the numerical calculations are described, both involving the governing equations as

well as specific definitions such as boundary conditions. Note that in the current study, the flow is assumed to be steady

and incompressible with a strictly Newtonian fluid of constant viscosity. 

3.1. Solving and meshing 

The equations that are solved can be written in general form as the continuity equation 

∇ · �
 u = 0 (13)
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Fig. 3. Mesh used for the last computation (80 0 0 0 0 cells).

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

and the steady momentum vector equation 

ρ�
 u · ∇ 

�
 u + ∇ p = μ∇ 

2 �u (14) 

A standard method for solving this set of equations is to use the SIMPLE (Semi-Implicit Method of Pressure Linked

Equations) algorithm, based on a pressure velocity coupling with internal iterations which account for the nonlinearity of

Eq. 14 , see e.g. [25] . In this iterative process, an approximation of the velocity field is obtained by solving the momentum

equation where the pressure gradient term is calculated using the pressure distribution from the previous iteration. The

pressure equation is then formulated and solved in order to obtain a new pressure distribution. Velocities are then cor-

rected using the pressure correction to ensure the incompressibility constraint implied by the continuity equation. More

details can be found in [26] . This is the method applied in the numerical code used in the computations, referred to as the

OpenFOAM solver simpleF oam. The convergence criteria of the iterative solvers are based on the residuals values of the

different flow field variables. Convergence criteria were set to a value of 10 −10 for the pressure and 10 −16 for the velocity

field. 

Flexibility in mesh handling is provided by supporting block structured hexahedral meshes as well as unstructured

polyhedral meshes with topological changes. Efficiency of execution is achieved by the use of iterative methods for linear

systems, notably Preconditioned Conjugate Gradient and Algebraic Multigrid solvers, and the use of massively parallel

computers and domain decomposition. In the present study, a block structured mesh is created using the blockMesh
application (OpenFOAM mesher) and is composed of hexahedra elements in order to minimize numerical diffusion and

maximize computational efficiency ( Fig. 3 ). 

3.2. Boundary conditions 

The boundary conditions for the inlet are presented as a predefined velocity profile with an axial term u z along the tube

and a tangential term u θ representing the swirling flow. The pressure is defined as having a zero gradient perpendicular to

the inlet surface, equivalent to ∂ p/∂ n = 0 . Note that it makes possible a variation of the pressure in the radial direction. At

the wall, the no-slip condition is applied, i.e. u r = u θ = u z = 0 , and the normal gradient of the pressure is set to zero, just

as for the inlet. 

For the outlet, the velocity components are assumed to have a zero normal gradient, which is the usual procedure for

a free outlet in internal flows. However, a new boundary condition has been developed for the pressure since the usual

assumption of a fixed pressure over the whole outlet surface does not hold for a rotating flow. Thus, the pressure must

be defined in a consistent manner, taking into account the upstream pressure condition as well as the centrifugal effect,

seen in Eq. 2 . Therefore, it has been decided to define a new boundary condition which is based on the extrapolation of

the pressure in the boundary cell and its closest internal neighbor ( Fig. 4 ). In fact, the pressure gradient is assumed to be

locally constant. As a result, the boundary face pressure p bf is set according to p b f = p bc + ( p bc − p ic ) 

(
�
 x b f −�

 x bc 

)
·� n b f 

( � x bc −�
 x ic ) ·� n i f 

where p

is the pressure, � x the location, � n the unit vector normal to a face, and the indexes bf, if, bc , and ic denote the boundary

face center, the first inner face center, the boundary cell center, and the first inner cell center respectively (see Fig. 4 ).

This boundary condition has been implemented in the CFD software OpenFOAM. Since the latter is developed for non-

structured meshes, the information needed at the different cell and face centers is accessed based on the boundary faces

as shown by the algorithmic procedure in Fig. 5 ). A special care has been taken in ensuring that the computational domain

could be on the left hand side or the right hand side of the boundary face. Further details are found in the accompanying
DOI : 10.1016/j.apm.2016.02.002 5



Fig. 4. Schematic of the cells close to the boundary.

Fig. 5. Algorithmic procedure to determine the pressure on the boundary face.

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

files ( extrapolPressureOrder1FvPatchScalarField.C and extrapolPressureOrder1FvPatchScalarField.H ) on the Elsevier

website. Note that for numerical reasons, it is not possible to set the same boundary condition at the inlet when it is already

set at the outlet. 

OpenFOAM being fundamentally a 3D solver, the implementation of the procedure is done only for 3D meshes. This has

been intentionally done as the authors intend to study later turbulent flows for which 3D effects occur. Furthermore, it has

been shown that 2D axisymmetric computations do not lead to good results when dealing with swirling flows for which

three-dimensional effect can be expected (e.g. [27,28] ). 

3.3. Validation 

The new boundary condition had to be validated by some means. As a first step, this was done by using a well known

problem: the entrance zone of a laminar flow in a circular tube. The inlet velocity is constant over the entire inlet surface.

It is known that the entrance length L e , i.e. the distance needed by the fluid to get the standard parabolic velocity profile,

is linked to the Reynolds number according to the following approximation: 

L e /D = 0 . 06 Re (15)

The Reynolds number has been chosen as 100 in this study, so that the entrance length is L e = 6 D . An initial computation

was based on a computational domain which has a length of 20 D ; much longer than the entrance length. In this case the

gage pressure is set to zero on the entire outlet surface. After a standard mesh dependency study based on the convergence

of the velocity profiles at various axial locations, the results obtained were used as reference. Then a 6 D long domain was

considered (which is the sufficient entrance length according to Eq. 15 ) and the results obtained using the new boundary

condition were compared to the reference results. Note that the size of the cells are the same for both meshes so that no

space discretization effect is induced (the number of discretization points on the z axis for the 20D long domain is three

times the number of discretization points on the z axis for the 6D long domain). 

Figs. 6 and 7 show that the velocity is well predicted (the axial velocity on the axis and at r = R/ 2 as well as the radial

distribution of the axial velocity at z = 2 D, z = 4 D, and z = 6 D ). 
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Fig. 6. Axial velocity u z at two radial locations.

Fig. 7. Radial distribution of the axial velocity profile at three axial locations.

 

 

 

 

 

 

 

The second validation test was carried out for a swirling flow using Eq. 8 for the axial velocity and the polynomial

approximation for the tangential velocity. For this case the maximum tangential velocity is U tmax = 0 . 002 m/s . Fig. 8 shows

the comparison of the computed results with the analytical expression ( Eq. 9 ) at r = R/ 4 . 

At the inlet of the computational domain the zero-gradient boundary condition is applied. At the outlet of the computa-

tional domain, either the standard constant pressure condition or the newly developed condition are applied. Fig. 9 shows

the difference between what is obtained using these two conditions. It can be observed that the influence of the outlet

boundary condition is still visible at about 1/2 D inside the computational domain. It can be concluded that it is necessary

to use the new boundary condition. 

Fig. 10 shows the comparison of the computed dimensionless tangential velocity with the approximation given by the

sixth degree polynomial. The very good agreement shows that the assumptions made to obtain the polynomial are correct. 

Fig. 11 shows the evolution of the tangential velocity U θ for three radial locations ( R /4, R /2, 3 R /4). 
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Fig. 8. Comparison of the computed tangential velocity with the analytical expression at r = R/ 4 . 

Fig. 9. Comparison of the radial velocity profile obtained using the standard outlet condition with the profile obtained using the new boundary condition

at the outlet of the 6D computational domain.

 

 

 

 

 

 

Fig. 12 shows the comparison of the tangential velocity profiles at four axial locations (inlet, z = 2 D, z = 4 D, and z = 6 D ).

Fig. 13 shows the evolution of the pressure on three axial lines. 

All-together, Figs. 7 –13 show that the computed solution is very close to the analytical solution and that the new bound-

ary condition is efficient and provides very accurate results. 

It is now possible to examine results concerning the radial velocity. Fig. 14 shows the evolution of the radial velocity, de-

pending on the axial location. The curves are obtained by approximating each computed result by a sixth degree polynomial

in order to be able to estimate the derivative with respect to the radius. Fig. 15 shows that the decay of the radial velocity

is similar to the decay of the tangential velocity. From this curve it is possible to estimate the maximum radial velocity at

the inlet: 23 . 18 × 10 −6 m/s which is about 100 times lower that the maximum tangential velocity. 
DOI : 10.1016/j.apm.2016.02.002 8



Fig. 10. Comparison of the computed radial distribution of the dimensionless tangential velocity with the approximation given by the sixth degree

polynomial.

Fig. 11. Axial distribution of the tangential velocity for two different lengths of the computational domain at three radial locations.

 

 

Fig. 16 shows the evolution of the derivative of the axial velocity with respect to the axial location. The latter is obtained

from Eq. 1 . It can be noted that the results are in very good agreement with the results shown in Fig. 17 . In particular, the

location of the point having no variation is well predicted. 

4. Application to alternative swirling flows

Since Eq. 11 is linear, it is possible to build a solution as a linear combination of the solutions obtained for e.g. the first

three eigenvalues ( Fig. 18 ).

But to characterize these profiles in a simple and descriptive way, a swirl number should be defined. Various swirl

numbers have been defined for swirling flows and among them, two are mentioned here: the geometric swirl number
DOI : 10.1016/j.apm.2016.02.002 9



Fig. 12. Tangential velocity profiles for two different lengths of the computational domain at four axial locations.

Fig. 13. Pressure profiles for two different lengths of the computational domain at three radial locations.

 

 

 

 

 

defined as S G = 

U θ
U z

(see e.g. [29] ) and what is usually called the swirl number, first defined in [30] as 

S = 

 

ρru θ u z dA

R 

 

ρu z u z dA 

(16)

Although the numerator of this expression has a physical meaning as reminded hereafter, the denominator is an arbitrary

expression (torque due to axial forces computed using the radius of the tube). The authors of this paper believe that a new

swirl number having a better physical significance can be defined. The fluid flowing out from a tube section containing a

swirler would provide a torque expressed as follows: 

T s = 

 

ru θ d ˙ m (17)
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Fig. 14. Evolution of the radial velocity profile from z/D = 3 to z/D = 10 . 

Fig. 15. Evolution of the maximum radial velocity from z/D = 3 to z/D = 10 . 

 

 

which is equivalent to the numerator in Eq. 16 . This can be expressed as (knowing that u θ = φu tmax ): 

T s = 2 πu tmax R 

3 

 

η2 φu z ρdη (18) 

using η as defined in Section 2 . 

Considering a solid body rotation, the tangential velocity would be u θ = ωr and when inserted into Eq. 17 , the torque

would then be expressed by 

T b = 2 πω R 

4 

 

η3 ρu z dη (19) 

Considering the same maximum tangential velocity, the angular velocity would be ω re f = u tmax /R and Eq. 18 would then

become 

T re f = 2 πω re f R 

4 

 

η2 φu z ρdη (20) 
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Fig. 16. Evolution of ∂ u z / ∂ z from z/D = 3 to z/D = 10 . 

Fig. 17. Evolution of the axial velocity profile from z/D = 3 to z/D = 10 . 

 

 

 

 

 

 

 

 

 

Assuming that the solid body rotation torque equals the reference torque, a new swirl number can be presented, namely

the torque swirl number 

S T = 

ω

ω re f 

= 

 

η2 φu z ρdη
 

η3 u z ρdη
(21)

It can be noticed that in a first approximation (0 th order in ε z and ε θ ) this swirl number depends only on the dimen-

sionless tangential velocity profile, and thus does not depend on the axial location once the standard tangential velocity

profile is obtained. Note that in that case it is also possible to compute the maximum value of the torque swirl number

which would correspond to a constant dimensionless tangential velocity profile ( φ = 1 ): ( S T ) max = 

∫
η2 u z ρdη∫ 
η3 u z ρdη

= 

24 
15 = 1 . 6 . The

minimum value of S T is 0 for a non-swirling flow, and its mean value is 0.8. Eq. 21 clearly shows that if φ = η the torque

swirl number is unity which is equivalent to a solid body rotation. It also shows that if the maximum value of the tangential

velocity is close to the axis of the tube, the torque swirl number can be less than unity; and that if this maximum is close
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Fig. 18. The three dimensionless tangential velocity profiles.

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

 

to the tube wall the torque swirl number is greater than unity. The latter point is confirmed hereafter. It can be concluded

that this new swirl number can give information on the shape of the tangential velocity profile compared to the solid body

rotation velocity profile along with the intensity of the swirl. This is an advantage compared to the standard swirl number. 

The torque swirl number of the three studied tangential velocity profiles are S T = 1 . 083 , S T = 1 . 130 , and S T = 1 . 151 for

the first, second and third profiles respectively. This indicates that the swirling flows considered in this study have torque

swirl numbers higher than the mean torque swirl number 
(
S T = 0 . 8 

)
. 

In fact, these swirl numbers characterize the intensity of the rotation, but not the deviation from the axis and therefore

a companion measure must be added to the study. Now let θ = arctan ( u θ /u z ) denotes the deviation of the flow from the

axis. The companion measure is presented as the mean deviation and is then measured as follows: 

θ = 

1

A 

 

θdA (22) 

It should be noted that the evolution of this average deviation will be similar to the evolution of the tangential velocity:

an exponential decrease as mentioned in [16] and [31] , and in e.g. [21] and [32] for the standard swirl number. 

Fig. 19 shows the deviation angle for the three studied profiles at the inlet. 

It is found that the average deviations at the inlet are θ = 24 . 38 ◦, θ = 28 . 03 ◦, and θ = 27 . 80 ◦ for the first, second and

third tangential velocity profiles respectively. Note that the deviation angle of the third velocity profile (having the highest

torque swirl number) is lower than the deviation angle of the second velocity profile. This confirms that both information

are necessary to characterize the swirl. 

Fig. 20 shows the comparison of the computed tangential velocity at η = 0 . 5 for the second profile with the following

analytical equation: 

λ0 exp ( −α0 z/R ) + λ1 exp ( −α1 z/R ) = 0 . 0016 exp ( −0 . 213179 z/R ) + 0 . 0002 exp ( −0 . 739503 z/R ) 

It can be noted that the effect of the second term is negligible (0.2%) compared to the first term at about z = 4 D . 

Fig. 21 shows the comparison of the computed tangential velocity at η = 0 . 75 for the third profile with the following

analytical equation: 

λ0 exp ( −α0 z/R ) + λ1 exp ( −α1 z/R ) + λ2 exp ( −α2 z/R ) 

= 0 . 0 0 09 exp ( −0 . 213179 z/R ) + 0 . 0 0 04 exp ( −0 . 739503 z/R ) + 0 . 0 0 04 exp ( −1 . 563122 z/R ) 

Figs. 20 and 21 show a very good agreement between the computed results and the analytical expressions. It must be

noted that the effect of the third term is negligible (0.2%) compared to the first term at about z = 1 . 5 D ; and that the second

term is also negligible (0.2%) at about z = 4 D . 

As already mentioned, Fig. 4 of [19] shows a non-linear part close to the inlet. This can be explained by what has just

been shown in the relations and corresponding figures above. The fluid, whatever the inlet profile, tends to turn to its

“fundamental swirling mode” when developing downstream along the pipe. This is illustrated in Fig. 22 . For this particular

swirling mode, the torque swirl number is the one obtained for the first velocity profile: S = 1 . 083 . 
T 

DOI : 10.1016/j.apm.2016.02.002 13



Fig. 19. Deviation angle at the inlet for the three studied profiles.

Fig. 20. Tangential velocity decay for the second profile at η = 0 . 5 . 

 

 

 

 

 

 

 

 

5. Conclusion

It has been shown that there is a fundamental swirling mode corresponding to a fundamental tangential velocity profile.

Although an entrance effect takes place close to the inlet of the tube (up to z = 4 D for the two cases studied here), the

tangential velocity profile is quickly reduced to this fundamental tangential velocity profile. It has been shown that the

length of this entrance effect depends on the Reynolds number. It is believed that it also depends on the swirl intensity and

on the average deviation. The findings here support that claim in a clear manner. 

It has been shown that the decay of the swirl is exponential. This decay is now explicitly linked to the Reynolds num-

ber, which has clearly been demonstrated with CFD calculations and analytical derivations. This is in very good agreement

with what is presented in [16] . Using the values given in that paper, the first eigenvalue would have been α0 = 0 . 205

( α0 = 0 . 213179 in the present study). It has been observed that the radial velocity also decays exponentially with the same

expontial coefficient. 
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Fig. 21. Tangential velocity decay for the third profile at η = 0 . 75 . 

Fig. 22. Evolution of the third dimensionless tangential velocity profile versus the axial location. The arrows illustrate the curve evolutions when moving

downstream.

 

 

 

 

 

A new swirl number has been introduced, referred to as the torque swirl number, having a more physical meaning than

the one usually used in swirling flow studies. It has been shown that the fundamental tangential velocity profile corresponds

to a torque swirl number of 1.083; the maximum value of this torque swirl number being 1.6. 

It has also been convenient to define a new boundary condition for the pressure at the outlet of the computational

domain to be able to shorten this computational domain and thus the computational cost. 

Further studies will address the effect of the swirl on pressure drop and on the wall shear stress, so that it will be

possible to determine if a given inlet profile has an overall benefit (heat transfer higher than pressure drop). After this

analysis, the design of the swirler device will be addressed following the procedure presented in [16] . 
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